Systems with long-period modulated structures are surprisingly common in nature. Examples include helical phases in the rare earths and their compounds [1] , polytypism [2] , and the arrangement of antiphase boundaries in binary alloys [3] . A given compound may exhibit many different modulated structures of differing wavelength as a control parameter such as the temperature is varied. Some modulated structures can usefully be viewed as an assembly of domain walls when the energy for introducing a wall passes through zero. The stability of the different structures is then determined by the interactions between pairs, trios, etc. , of walls [4] . It has been established that these interactions can result from entropic contributions to the free energy [5] and from softening of the spins [6] , g(I.S, ' ,j]' -5'), (1) '(") ' [6] .
To describe how the degeneracy is broken at the multiphase point we use a notation similar to that of Fisher and Selke [5] so that (n1, n2, . . . , n,") denotes a state in which spins form domains (of parallel spins) whose widths repeat periodically the sequence n], n2, . . . , n, .
Fisher and Selke [5] showed that at nonzero temperature [9] and given the apt name "ground-state selection" by Henley [10] . In this Letter we show how the multiphase degeneracy is resolved by quantum fluctuations.
To study quantum fluctuations we introduce the Dyson- (8) where Eo is the energy with no walls present and n is the number of walls. The scheme of Ref. [8] for calculating the general wall potentials VI, is illustrated in Fig. 1 Fig. 3 . However, we must check the stability of the phase boundary to mixed phases of (n) and (n + 1 
